A U-semίgroup is a semigroup which is iseomorphic (topologically isomorphic) to the real unit interval [0,1] under usual multiplication. A thread is a semigroup on an arc such that one endpoint is a zero and the other endpoint is an identity.
For a semigroup S, E(S) denotes the set of all idempotent elements of S. The statement "E(S) = {0,1}" means that the only idempotents of S are a zero (0) and an identity (1) .
Throughout this paper N denotes the set of all positive integers and R denotes the set of all positive rational numbers. Hereafter the statement "S is an UDS" means that S is an uniquely divisible topological semigroup.
If 
Proof. Since 0eE(S), there exists a thread T from 0 to 1 in S. Let eeE(S).
Then there exists a thread T o from e to 1 in S. Now eT is a thread from 0 to e in S. Thus eT[j T o contains a thread T(e) from 0 to 1 in S such that ee T(e). Hence, if eeE(S), then e lies on a thread T(e) from 0 to 1 in S.
Let xeS\E(S). Then, by Corollary 2.3, x lies on an unique Usemigroup I in S. Let z denote the zero of I and u the identity of /. 
Since z,ueE(S), there exists threads T(z) and T(u) from 0 to 1 in S such that ze T(z) and ue T(u). Thus T(z)
U
If BJ\E(S) = D, then the fact that J5 X is a thread follows from the preceding paragraph. Suppose Bι\E(S) Φ D. Let zeB^[E(S).
Then there exists a [/-semigroup I in S such that ze I. Let α be the zero of / and b the identity of /. Let M be the component of IΠ B λ containing z, h -inf M, and g = sup M in the cut-point ordering (<() of B λ from 0 to 1. Since Λ, = inf M, there exists a sequence {&J of points of B\I such that h n < h for each weiV and h n ->h. Thus, by the preceding paragraph, h n h = fe n for each neN.
Since multiplication is continuous in S, hji -> fe 2 . Hence fe = /^2. Since he I,a = h. Similarly, g = b, and hence ICLB X .
Thus Bj is a thread. Similarly, B 2 is a thread. This completes the proof of Lemma 3.4.
A commutative UDS S can be considered to be a generalization of a semilattice (a commutative idempotent semigroup). Indeed, if S -E(S), then S is a semilattice. Consequently, Theorem 3.5 is a generalization of Theorem 3 in [1] . If S is commutative, then the kernel K (the minimal ideal) of S is a compact connected group. Hence K is either the circle group C or a point. It is not difficult to show that K is uniquely divisible. Thus, since C is not uniquely divisible, K is a point. Hence, if S is commutative, then S has a zero (0). Hence ψ* is one-to-one on {BJE> 2 )\J, thus completing the proof of the corollary.
